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ABSTRACT

Let R be a commutative ring with identity, M a right R-module and
S = End(M) the ring of endomorphisms of M. M is called co-semisimple if
every simple R-module is M-injective. M is called multiplication if for every

submodule N of M there exists an ideal I of R such that N = MT.

The main results of this thesis are :
1. Let M be a multiplication R-module. Then

(1.1) If M is a good module and J, (M) [or J2(M)] =0, then M is a
co-semisimple module.

(1.2) Let R be an artinian ring and M a non-zero R-module. If M is
co-semisimple, then M is an ST-module.

(1.3) M is co-semisimple if and only if for each K < M,
K=M(1) [E+ann(M)]) where A={E < R|E € P,(M) and
K < MB).



2. Let M be a faithful multiplication R-module and every maximal ideal of R
is a direct summand. Then M is a co-semisimple module if and only if every
maximal submodule of M is co-semisimple.

3. Let M be a finitely generated multiplication R-module. Then M is a co-
semisimple module if and only if S is a co-semisimple ring.

4. Let M be a finitely generated multiplication R-module. Then the following
statements are equivalent :

(1) M is a co-semisimple R-module ;

(2) R/ann(M) is a co-semisimple ring ;

(3) S is a co-semisimple ring ;

)

(4) M is a co-semisimple S-module.



