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ABSTRACT

Let R be aring . R is said to be satisfied property (*) if I, (r(2))=(R/Da
for all essential right idealsI of R and forall aeR. A ring R is called a right
SI-ring if every singular right R-module is injective. A right R- module M is
called a P-injective module if for every acR and every R-homomorphism
J:aR—>M there exist an R-homomorphism A : R—>M such that #i=f where
i: aR—>R is an inclusion map.

The main results of this study are:

(1) The following statements are equivalent for any ring R :

(@) R satisfies (*);

(b) every cyclic singular right R-module is P-injective ;

(¢) forall I c™ R, R/I isP-injective ;

(d) forall I <™ R, and forall acR, f< Homy(aR—>R/1) implies

f@ e (R/Da.



(2) Let R be an ERT-ring. Then the following statements are equiv'alent:
(a) R is aright SI-ring;
(b) R satisfies (*) and R/T isartinian foralll ™ R;
(c) R satisfies (*) and R/I is finitely cogenerated forail 1 ™ Ry;
d R satisﬁes (*)and R/T isnoetherian forall I ™ R..

(3) The following statements are equivalent for any ring R:
(a) R isaright SI-ring and R has DCC on essential right ideals;
(® R/SocR, is a semisimple module and Z(R;)=0.
Furthermore, if R is an iiRT-ring, then each of the previous statements is equivalent to

(c) R satisfies (*) and R has DCC on essential right ideals.



